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Approximation-Free Prespecified Time Bionic
Reliable Control for Vehicle Suspension

Tenglong Huang , Graduate Student Member, IEEE, Jue Wang , and Huihui Pan , Senior Member, IEEE

Abstract— Developing a solution to suppress vibration with
low energy consumption is an interesting and significant topic
for vehicle suspension. This paper proposes an approximation-
free prespecified time energy-efficient fault-tolerant control
scheme for active suspensions. Inspired by the X-shaped
asymmetric structures that existed in animal limbs, the energy
consumption can be significantly reduced, without changing
the hardware structure and optimization, only by introducing
bionic dynamics. Moreover, the states can converge to a
neighborhood of zero within a pre-specified finite time interval
by employing the designed bionic control framework. Note
that the settling time is independent of the initial values
of states and the controller parameters. Meanwhile, system
uncertainties, external perturbations, and actuator faults can
be handled effectively by the presented approximation-free
controller. The knowledge of actuator faults, perturbation, and
suspension model is not required for controller design. By using
the designed approximation-free prespecified time bionic fault-
tolerant controller, excellent ride comfort can be achieved
with low energy consumption. Experiments are performed and
corresponding comparison results are provided to demonstrate
the superiority of the developed control method.

Note to Practitioners—Vehicle active suspensions offer a
higher degree of control freedom to isolate vibrations, however,
are associated with expensive energy consumption. Model
uncertainties, non-linearities, external disturbances, and actuator
faults in real-world environments can lead to performance
degradation. Motivated by this, this paper designs a bio-inspired
energy-saving prespecified time approximation-free fault-tolerant
controller. By employing dynamical properties inspired by X-type
structures that exist in animal limbs or bones, efficient energy-
saving control can be achieved. The transient responses are
constrained to a prescribed region and converge to a given
steady-state region within a pre-assigned time. The proposed
controller does not require approximation structures such as
neural networks or fuzzy rules. Consequently, the controller
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exhibits a simple structure that can be readily implemented and
deployed in practical suspension systems. Experimental results
obtained from practical suspension platforms under different
road excitations demonstrate satisfactory energy saving and
vibration suppression performance of the presented control
scheme.

Index Terms— Energy consumption, prespecified time, bionic
dynamics, approximation free, vibration suppression, active
suspension.

I. INTRODUCTION

VEHICLE vibration [1], [2], [3], [4] is inevitable when
the vehicle is driving on an uneven road, which

can deteriorate vehicle performance. Suppressing vehicle
vibrations helps to improve ride comfort and safety, while
reducing the adverse effects of vibration, including damage to
components and reduced vehicle lifetime. Vehicle suspension
control [5], [6], [7] provides an effective solution to suppress
vehicle vibration and thus attracts a great deal of interest from
automotive engineers and scientists. By devising suspension
controllers, it is desired that the external perturbations and
system uncertainties, including parameter uncertainties and
model uncertainties, can be handled efficiently to achieve
fast vibrations isolation while enhancing the reliability against
faults and reducing energy consumption.

Suspension controllers are mainly applied for active and
semi-active suspensions (SAS) [5]. Compared with SAS,
active suspension (AS) [6] has a higher control degree of
freedom and thus is more flexible. However, the energy
consumption of AS [7] is generally higher than SAS. To reduce
energy consumption, a self-powered suspension with special
circuits is designed in [8] to regenerate and save energy. Such
special circuits in [8] can be effective in reducing energy
consumption but require changes in the hardware structure
of AS, which makes it difficult and expensive to deploy and
limits the application of this approach. The MPC approach
proposed in [9] introduces energy consumption into the cost
function to achieve energy savings by optimization. In [10],
game theory is used to develop specific rules to balance ride
comfort and energy consumption. In particular, an interesting
X-type bionic suspension inspired by animal limb structures
contributes to reducing energy consumption, as analyzed in
[11]. Compared with embedding self-powered circuits into
AS [8] or optimizing special cost functions, introducing bionic
dynamics [12], [13] is more convenient to deploy in practice.
For this reason, this paper focuses on designing a bionic
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energy-saving control scheme for AS to achieve flexible and
efficient vibration suppression.

Numerous control methods are employed to develop
suspension controllers [14]. The adaptive backstepping-based
controller in [7] allows the system error signals and states to
be bounded. Employing the linear matrix inequality, the H∞

controller proposed in [15] achieves asymptotic stability of
the closed-loop system, namely, the state signals tend to 0 as
t → ∞. The error signals can converge to a neighborhood
of 0 in finite time using the presented sliding mode controller
in [16]. However, the finite convergence time depends on the
initial value and the controller parameters. The fixed time
controller [17] can remove the dependence on the initial value.
However, it is still limited by the controller parameters and
the first-order derivatives of perturbations are assumed to be
bounded. Prespecified time control [18] methods can explicitly
specify the settling time, which is completely independent
of the controller parameters and the initial value. The novel
prescribed time controller in [19] theoretically guarantees
the error signals converge to 0 over finite time intervals.
However, it may be unrealistic in practice as the noise will
be amplified at the prespecified settling time instant [20]. It is
more reasonable to make the error signals or states converge
to a neighborhood of 0 at the prespecified time for practical
applications [18].

In addition, the following difficulties are common in real
systems, which need to be considered to guarantee or enhance
controller performance.

• Uncertainties: The model-based controllers [7] require
the prior models and parameters information and the
performance is closely associated with the information
accuracy. However, collecting accurate system informa-
tion is unrealistic. Neural networks [21] or fuzzy rules
can be employed to approximate the unknown model,
nonetheless, which introduces new challenges, including
designing network structure, training data collection,
constructing fuzzy rule bases, etc.

• Disturbances: To further enhance the robustness, the
external disturbances can be handled using embedded
structures such as disturbance observer and adaptive
estimation [8]. Correspondingly, it leads to high controller
complexity or requires stringent assumptions for example
bounded first-order derivatives.

• Faults: Actuators faults [22], [23], [24] caused by aging
and wear, etc, can affect system performance adversely.
Seeking a solution to address the occurred faults is a
hot topic. By introducing fault detection and estimation
mechanisms, some existing results can achieve effective
fault-tolerant control.

However, constructing neural network structures, designing
enough fuzzy rules, and developing disturbance observers or
fault estimators are inherently challenging. Meanwhile, the
mentioned approach increase controller complexity and the
difficulty of the controller design and application. In contrast,
time delay estimation (TDE) [24] allows the control scheme to
be independent of the model knowledge and does not require
additional complex mechanisms. Consequently, the controller

Fig. 1. Schematic of a quarter-vehicle active suspension.

complexity can be reduced and a simple and efficient controller
is possible.

Motivated by the analysis above, this paper presents an
approximation-free energy-efficient prespecified-time reliable
control framework utilizing bionic dynamics and time-delay
information. The main contributions are listed as follows:

1) A prespecified time controller is designed that can make
the steady-state responses of error signals converge to
a neighborhood of 0 over a prespecified finite time
interval. Meanwhile, the system transient responses
satisfy the performance constraints. Compared with
the conventional asymptotically stability, finite-time
stability [25], and fixed-time stability, the prespecified
convergence time is completely independent of the initial
values and controller parameters [18].

2) By introducing time delay information, the designed
control scheme is model-free and approximation-free.
Namely, the model knowledge and approximation
structures, such as neural networks or fuzzy logic [26],
are unnecessary. Meanwhile, the proposed controller is
robust to unknown external disturbances. Actuator faults,
including loss-of-effectiveness faults and bias faults,
can be effectively compensated and handled to enhance
reliability.

3) Inspired by animal bionic structures [11], asymmetric
X-type bio-inspired dynamics are embedded into this
controller, which further reduces energy consumption.
The proposed energy-efficient control framework does
not need to solve optimization problems, nor change
the hardware structure with the regenerative circuits [8].
Simple and effective energy-efficient control with
reliable vibration isolation is achieved.

II. PROBLEM FORMULATION

The detailed structure of the quarter-vehicle active sus-
pension is illustrated in Fig. 1. The vehicle body mass is
denoted as the sprung mass m1, and the unsprung mass
m2 represents the wheel mass. The damping and elastic
forces of active suspension are represented as Fl and Fu .
Correspondingly, Fw and Fr are the elastic force and damping
force of the tire under the road excitation xr , respectively.
ẋ s and ẋu are the sprung and unsprung mass velocities,
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and the corresponding displacements are denoted as xs and
xu , respectively. Define ξ1:=xs , ξ2:=ẋ s , ξ3:=xu , ξ4:=ẋu , the
nonlinear suspension model [16] can be formulated as follows:

ξ̇ 1 = ξ 2 (1)

ξ̇ 2 =
1

m1
(−Fl(ẋ s, ẋu, t)− Fu(xs, xu, t)+ v(u(t)))+ d1 (2)

ξ̇ 3 = ξ4 (3)

ξ̇ 4 =
1

m2
(Fl
(
ẋ s, ẋu, t

)
+Fu(xs, xu, t)

− Fw(xu, xr , t)−Fr
(
ẋu, ẋr , t

)
− v(u(t)))+ d2 (4)

y = ξ 1 (5)

with

Fu(xs, xu, t) = ps1(xs − xu)+ ps2(xs − xu)
3,

Fl
(
ẋ s, ẋu, t

)
= klp

(
ẋ s − ẋu

)
, klp =

{
kl ,
(
ẋ s − ẋu

)
> 0

k p,
(
ẋ s − ẋu

)
≤ 0

Fw(xu, xr , t) = pw(xu − xr ), Fr
(
ẋu, ẋr , t

)
= kr

(
ẋu − ẋr

)
where ps1, ps2, kl and k p are the suspension linear, nonlinear
stiffness, and damping coefficients. v(u(t)) is the actual signal
of the actuator and u(t) denotes the control input to be
designed. The tire stiffness and damping coefficients are
denoted as pw and kr . d1 and d2 are the unknown external
unmatched disturbance.

Inspired by animal skeleton structure, it is possible to
enhance the energy efficiency of the active suspension system
with the help of bionic dynamics by exploiting the beneficial
nonlinear properties. As depicted on the right side of Fig. 1,
bionic dynamics is introduced as a reference model to improve
energy-saving characteristics in this paper. In addition to
vibration suppression and low energy consumption, reliability
is also crucial for vehicle suspension. Specifically, the
following actuator faults [24], [27] are considered and
addressed in this paper, modeled as

v(u(t)) = ζ (t)u(t)+ ζ b(t) (6)

where 0 < ζ(t) ≤ 1 is the unknown time-varying
loss-of-effectiveness (LOE) coefficient of actuator. ζ b(t) ≥ 0
represents the unknown time-varying actuator bias fault (BF).
Note that the following cases are covered in (6): 1) ζ (t) = 1,
ζ b(t) = 0, fault-free case; 2) ζ (t) = 1, ζ b(t) ̸= 0 indicates that
lock-in-place (LIP) fault exists; 3) ζ (t) ∈ (0, 1), ζ b(t) = 0
means that LOE fault exists; 4) ζ (t) ∈ (0, 1), ζ b(t) ̸= 0
indicates both LOE and BF faults exist.

The suspension sprung system model with actuator faults
can be reformulated as

ξ̇ 1 = ξ 2 (7)

ξ̇ 2 = f (ξ 1,ξ 2, t)+ g(ξ 1,ξ 2, t)u + h(ξ 1,ξ 2, t) (8)
y = ξ 1 (9)

where f (ξ 1,ξ 2, t) =
1

m1

(
−Fl

(
ẋ s, ẋu, t

)
− Fu(xs, xu, t)

)
,

g(ξ 1,ξ 2, t) =
ζ (t)
m1

, h(ξ 1,ξ 2, t) =
ζ b(t)
m1

+ d1.
Specifically, the following aspects are taken into account for

the controller design in this paper:

• Ride comfort; superior ride comfort means that the
vehicle vibration is suppressed quickly and effectively.
Vertical acceleration is used as the performance indicator
of ride comfort for quantitative assessment.

• Low energy consumption; introducing beneficial nonlin-
earities by combing animal limb dynamics to further
reduce energy consumption.

• Reliability; actuator faults [28], caused by mechanical
mechanism wear, aging, etc, are handled to enhance the
reliability of the suspension system.

• Robustness; model uncertainties, parameter uncertainties,
and unknown external perturbations are also taken into
consideration.

In general, this paper focuses on an energy-efficient
approximation-free controller design with fast pre-assigned
time convergence properties, which can suppress the vibration
effectively while handling unknown time-varying actuator
failures, model uncertainty, parameter uncertainty, and external
disturbance with low energy consumption.

Definition 1: The system ~̇ = f (~, t), ~ ∈ Rn is
said to achieve practical prespecified time (PST) conver-
gence [18], [19], [29], [30] if there exists a settling time Ts

and a constant ϱ such that

∥~∥ < ϱ, for t > Ts,∀~(0) = ~0 (10)

where Ts > 0, and ϱ ∈ R+ are the parameters selected by the
user. The settling time Ts is completely independent of the
initial conditions ~0 and controller parameters.

Assumption 1: The actuator bias fault ζ b(t) and external
disturbance di are bounded, namely

|ζ b(t)| ≤ ζ̄ b, |di | ≤ d̄ i , i = 1, 2 (11)

where ζ̄ b, d̄ i are unknown positive constants. Recall that (9),
h(ξ 1,ξ 2, t) ≤ h̄ holds. h̄ =

ζ̄ b
m1

+ d̄1 is a unknown positive
constant.

III. MAIN RESULTS

In this section, detailed descriptions of the introduced
time-delay estimation technique are given first. Aiming
to reduce energy consumption, based on bionic structural
properties analysis [11], bionic dynamics are designed to
provide a reference trajectory for the active suspension.
Then, the approximation-free prespecified time controller is
developed by employing function transformation and time
delay information, while the detailed theoretical proof of the
devised control framework is presented.

A. Time Delay Estimation

The sprung suspension system with actuator failures (5)-(9)
can be reformulated as

ξ̇ 1 = ξ 2 (12)
ξ̇ 2 = 4(ξ 1,ξ 2, t)+ S̄−1u (13)
y = ξ 1 (14)

where

4(ξ 1,ξ 2, t)= f (ξ 1,ξ 2, t)+ g(ξ 1,ξ 2, t)u − S̄−1u + h(ξ 1,ξ 2, t)
(15)
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Fig. 2. Asymmetrical X-shaped bionic limb structures present in animals.

and S̄∈ R+ is a introduced constant. The nonlinear function
4(ξ 1,ξ 2, t) can be estimated by employing the time delay
information, and the detailed analysis of TDE can be found
in [31]. The effectiveness of the TDE has been verified in
vehicle-integrated motion control [24], robot manipulators,
and six-phase induction motor [31]. Using the time delay
information, when T is small enough, we can obtain

4(ξ 1,ξ 2, t) ≈ 4̂(ξ 1,ξ 2, t) = 4(ξ 1,ξ 2,t − T ) (16)

where 4̂(ξ1, ξ2, t) is the estimation of 4(ξ1, ξ2, t). Corre-
spondingly, the time delay estimation error σ can be calculated
as

σ = 4(ξ 1,ξ 2,t)− 4̂(ξ 1,ξ 2, t) (17)

The boundedness of σ will be given later.
By introducing the time delay information (16), the

suspension sprung system (7)-(9) with actuator faults (6) can
be rewritten as

ξ̇ 1 = ξ 2 (18)

ξ̇ 2 = 4(ξ 1,ξ 2,t − T )+ S̄−1u + σ (19)
y = ξ 1 (20)

where, 4(ξ 1,ξ 2,t − T ) can be obtained from (12)-(17) by

4(ξ 1,ξ 2,t − T ) = ξ̇ 2(t − T )− S̄−1u(t − T ) (21)

B. Bionic Reference Dynamics

Aiming to achieve energy-saving properties, bionic struc-
tures are introduced and analyzed in this section. Asymmetric
X-shaped structures are naturally present in animal limbs,
such as the white stork in Fig. 2(a) and the flamingo in
Fig. 2(b). Fig. 2(c) highlights and illustrates the presence of
X-shaped structures. Inspired by the animal limbs, the static
bionic dynamical structure is modeled as in Fig. 2(d). The
lengths of the left and right rods of the bionic structure are
wl and wr , and the corresponding static angles with the base
are θl and θr , respectively. The equivalent lateral and vertical
spring stiffnesses are p0 and p1. The structure deformation
under external excitation is illustrated in Fig. 2(e). φl and
φr represent the left and right angular deformations, and the

corresponding displacements are bl and br . b0 denotes the
vertical relative displacement of Mb with respect to the base,
namely, b0 = xb − xu . According to the geometric relationship
in Fig. 2(d) and (e), we can obtain

φk = arctan

(
wk sin θk +

b0
2

wk cos θk − bk

)
− θk (22)

bk = wk cos θk −

√
w2

k −

(
wk sin θk +

b0

2

)2

(23)

where k = l, r . Define φ := φl + φr , b1 := bl + br , and

g1(b0) := p0b1
d(b1)

d(b0)

d(b0)

d(xb)
, g2(b0) :=

(
dφ

d(b0)

)2

(24)

By employing the Lagrange principle [11], the X-shaped
bionic reference dynamics can be expressed as

Mbb̈0 + Mb ẍu = −g1(b0)− p1b0 − λ1ḃ0 − λ2qng2(b0)ḃ0

(25)

where λ1 and λ2 denote the air drag and the rotation friction
factors. g1(b0) and g2(b0) in (24) can be calculated by

g1(b0) =
p0

2

(
wl cos θl + wr cos θr −

√
w2

l − ϒ2(b0)

−

√
w2

r − ϒ2(b0)

)

×

 ϒ(b0)√
w2

l − ϒ2(b0)

+
ϒ(b0)√

w2
r − ϒ2(b0)

 (26)

g2(b0) =

 1

2
√
w2

l − ϒ2(b0)

+
1

2
√
w2

r − ϒ2(b0)

2

(27)

where ϒ(b0) := wl sin θl +
b0
2 .

Introducing the animal limb-inspired asymmetric X-shaped
structure [12] to employ the beneficial nonlinearities present
in the structure, can help to reduce energy consumption while
suppressing vehicle vibration and improving ride comfort [13].
In practice, the detailed structural characterization analysis
in [11] can be used to rationally select the X-type structural
parameters. More detailed information about the advantages
and characteristics of bionic dynamics in engineering
applications can be found in [12].

C. Approximation-Free Global Prespecified Time Controller
Design

The details of the developed practical prespecified time
controller based on time delay information to achieve effective
vibration suppression with low energy consumption are
elaborated in this section. The vibration suppression problem
for the suspension sprung system (7)-(9) is converted into a
reference dynamics (25) tracking problem. Meanwhile, the
robustness to external disturbances, parameter uncertainties,
model uncertainties, and reliability against actuator faults are
enhanced by the proposed controller. Specifically, the tracking
error variable e1 is defined as

e1 = y − yr = ξ 1 − ξ 1r (28)
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where the reference signal yr can be obtained from the bionic
dynamics (25). The following special error constraint function
Q(t) is introduced into the presented control scheme:

Q(t) =

{(
1
t −

1
Tζ

)2L
+Qϱ, 0 ≤ t ≤Tζ

Qϱ, t >Tζ
(29)

where L is a positive integer and subject to L ≥ 2. Tζ is the
prespecified setting time and Qϱ is the prescribed steady-state
error constraint. Q(t) to be infinite at the initial instant allows
it to obtain a global result. For simplicity, we define Q(t),
whose first-order derivative Q̇(t), and second-order derivative
Q̈(t) are equal to +∞ at the initial instant in this paper,
namely, Q(0)=Q̇(0)=Q̈(0)=+∞. Qϱ and Tζ can be tuned and
specified by the user, as required.

Based on the error constraint function (29), the following
error transformation is introduced

η1(t) :=
e1(t)

F(D(t))
(30)

whereD(t) denotes the distance of the transformed error signal
from the error constraint Q(t). The real-time distance D(t) at
the time instant t with κ ∈ R+ can be calculated by

D(t) = κ(e1(t)−(−Q(t)))(Q(t)− e1(t))

= κQ2(t)− κe2
1(t) (31)

Combined with the distance function D(t) defined in (31),
the transformation function F(D(t)) in (30) can be written in
the form

F(D(t)) =

{
1 −

(
D(t)
Rs

− 1
)2L

, 0 < D(t) ≤ Rs

1, D(t) > Rs

(32)

where Rs ∈ R+. The error variable e1(t) is taken to be within
the safe region when D(t) ∈ (0,Rs].

In conjunction with the error transformation (30) and time
delay information (20) and (21) introduced above, the virtual
and actual control laws of the proposed approximation-free
prespecified time control framework are designed in two steps.
In Step 1, the candidate Lyapunov function is selected as

V1 =
1
2
η2

1 (33)

Then, we can obtain V̇ 1 = η1η̇1. The derivative of the
transformed error variable η1 in (30) can be derived from
(18)-(19), which is given by

η̇1 = χ1ė1 + ψ1

= χ1
(
ξ 2 − ẏr

)
+ ψ1 (34)

where χ1 and ψ1 are defined as

χ1 =

{
−

4κL
RsF2

(
D(t)
Rs

− 1
)2L−1

e2
1 +

1
F , 0 < Q(t) ≤ Rs

1, Q(t)> Rs

(35)

ψ1 =

{
4κL
RsF2

(
D(t)
Rs

− 1
)2L−1

QQ̇e1, 0 < Q(t) ≤ Rs

0, Q(t)> Rs

(36)

Q̇(t) =

{
2L
(

1
t −

1
Tζ

)2L−1
−1
t2 , 0 ≤ t ≤Tζ

0, t >Tζ
(37)

Meanwhile, the following change of the coordinate is
introduced

η2 : = ξ2 − α1 (38)

where α1 denotes the virtual control law. The error variable
η1 dynamic in (34) can be rewritten as

η̇1 = χ1
(
η2 + α1 −ẏr

)
+ ψ1 (39)

Then, we get

V̇ 1 = χ1
(
η1η2 + η1α1 −η1 ẏr

)
+ η1ψ1 (40)

The virtual control input α1 is chosen as follow

α1 = −
ρ1

χ1
η1 − χ1 ẏ2

rη1 −
ψ2

1

χ1
η1 (41)

where ρ1 is a positive real number.
In Step 2, combining the coordinate change in (38) and the

suspension system (20) with time delay information in (21),
the dynamic of η2 can be calculated as

η̇2 = ξ̇ 2 − α̇1

= 4(ξ 1,ξ 2,t − T )+ S̄−1u + σ − α̇1 (42)

It can be observed from (41) that α1 is a function with
respect to ξ 1, yr , ẏr , Q, and Q̇. Therefore, it follows that

α̇1 =
∂α1

∂ξ 1
ξ 2 +

∂α1

∂Q
Q̇ +

∂α1

∂ Q̇
Q̈+

∂α1

∂ yr
ẏr +

∂α1

∂ ẏr
ÿr (43)

with

Q̈(t) =


2L
(
(2L− 1)

(
1
t −

1
Tζ

)2L−2
t−4

+

(
1
t −

1
Tζ

)2L−1
2t−3

)
,

0 ≤ t ≤Tζ

0 t >Tζ

(44)

The designed actual control input u in Step 2 is provided
as follows

u = S̄
(

−ρ2η2 − 4̂(ξ 1,ξ 2, t)− χ2
1η

2
1η2 −

1
ι3
χ2

1η
2
1η

2
2 −

η2

γ

−
η2

β1

(
∂α1

∂ξ 1
ξ 2

)2

−
η2

β2

(
∂α1

∂Q
Q̇
)2

−
η2

β3

(
∂α1

∂ Q̇
Q̈
)2

−
η2

β4

(
∂α1

∂ yr
ẏr

)2

−
η2

β5

(
∂α1

∂ ẏr
ÿr

)2)
(45)

where ρ2 ∈ R+. ι3, γ , and β i , i = 1, 2, 3, 4, 5 are the
controller parameters, which are positive real numbers and
defined below. The time delay estimation 4̂(ξ 1,ξ 2, t) can be
computed from (14)-(21). As formulated in (5)-(9), f (ξ1, ξ2, t)
only contains the elastic force Fu and damping force Fl of
the suspension. The nonlinear term f (ξ1, ξ2, t) in 4(ξ1, ξ2, t)
is continuous. In conjunction with (6) and Assumption 1, it
can be concluded that g(ξ1, ξ2, t) and h(ξ1, ξ2, t) are bounded.
Meanwhile, the designed controller u is continuous. As
detailed in [31], the upper bound of the time delay estimation
error σ exists in this case, namely,

|σ | ≤ σB (46)

Authorized licensed use limited to: GUANGZHOU UNIVERSITY. Downloaded on November 21,2024 at 07:08:04 UTC from IEEE Xplore.  Restrictions apply. 



5338 IEEE TRANSACTIONS ON AUTOMATION SCIENCE AND ENGINEERING, VOL. 21, NO. 4, OCTOBER 2024

where σB∈ R+ is an unknown constant, which is unnecessary
for the controller design. As in (41) and (45), the developed
controller u and virtual control input α1 are completely
independent of the actuator fault information and model
information of the suspension system (5).

With the proposed control inputs α1 and u, the following
theorem hold.

Theorem 1: For vehicle active suspension system (7)-(9)
with actuator faults (6), the practical prespecified time
stabilization (10) of the suspension system can be achieved
by employing the proposed approximation-free virtual control
input α1 in (41) and the fault-tolerant controller u in (45).
In specific,

a) The bionic reference dynamic tracking error e1 satisfies

∥e1∥ < Rs , for ∀e1(0) ∈ R and t > Tζ (47)

where Tζ∈ R+ is the prespecified settling time, and
Rs∈ R+ is the steady-state tracking error constraint. The
convergence time Tζ and the steady-state performance
constraint Rs are completely independent of controller
parameters and the initial condition of the suspension
system.

b) The closed-loop system is stable and all signals are
bounded.

D. Stability Analysis

The stability of the closed-loop system with prespecified
time convergence property, as detailed in Theorem 1,
is analyzed and proved in this section. The transformed error
variable η1 is bounded by using the time delay estimation-
based approximation-free control scheme in (41) and (45).
Accordingly, the prespecified time convergence property of
the reference dynamics tracking error e1 is guaranteed.

Recall that the derivative of the Lyapunov function V1
in Step 1, combining the designed virtual control law (41)
and (40), we get

V̇ 1 = χ1η1α1+χ1η1η2−χ1η1 ẏr + η1ψ1 (48)

Substituting the virtual control law (41) into χ1η1α1, yields

χ1η1α1 = χ1η1

(
−
ρ1

χ1
η1 − χ1 ẏ2

rη1 −
ψ2

1

χ1
η1

)
= −ρ1η

2
1 − χ2

1 ẏ2
rη

2
1 − ψ2

1η
2
1 (49)

Thus, we can obtain

V̇ 1 = −ρ1η
2
1+η1ψ1 − χ2

1 ẏ2
rη

2
1 − ψ2

1η
2
1

− χ1η1 ẏr+χ1η1η2 (50)

By applying Young’s inequality, the following inequalities
hold

η1ψ1 ≤
1
ι1
η2

1ψ
2
1 +

ι1

4
(51)

−χ1η1 ẏr ≤
1
ι2
χ2

1 ẏ2
rη

2
1 +

ι2

4
(52)

χ1η1η2 ≤
1
ι3
χ2

1η
2
1η

2
2 +

ι3

4
(53)

where ι1, ι2, and ι3 are positive real numbers. Summing (49)
and the inequalities (51)-(53), we can get

V̇ 1 ≤ −ρ1η
2
1 − χ2

1 ẏ2
rη

2
1 − ψ2

1η
2
1 +

1
ι1
η2

1ψ
2
1

+
ι1

4
+

1
ι2
χ2

1 ẏ2
rη

2
1 +

ι2

4
+

1
ι3
χ2

1η
2
1η

2
2 +

ι3

4

≤ −ρ1η
2
1 +

1
ι3
χ2

1η
2
1η

2
2 +

∑3
i=1 ιi

4
(54)

The candidate Lyapunov function V2 is defined as follows

V2 =
1
2
η2

2 (55)

Invoking the derivative of the η2 in (42), the dynamic of V2
can be expressed as

V̇ 2 = η2η̇2

= η24̂(ξ 1,ξ 2, t)+ η2S̄−1u + η2σ − η2α̇1 (56)

According to Young’s inequality and the analysis (46) of
the time-delay estimation, we have

η2σ ≤
1
γ
η2

2 +
γ σ 2

B

4
where γ >0. Meanwhile, combining the dynamic of virtual
control law α1 in (43) and Young’s inequality, we can obtain

−η2α̇1 ≤ |η2|

∣∣∣∣∂α1

∂ξ 1
ξ 2 +

∂α1

∂Q
Q̇ +

∂α1

∂ Q̇
Q̈+

∂α1

∂ yr
ẏr +

∂α1

∂ ẏr
ÿr

∣∣∣∣
≤

1
β1
η2

2

(
∂α1

∂ξ 1
ξ 2

)2

+
β1

4
+

1
β2
η2

2

(
∂α1

∂Q
Q̇
)2

+
β2

4

+
1
β3
η2

2

(
∂α1

∂ Q̇
Q̈
)2

+
β3

4
+

1
β4
η2

2

(
∂α1

∂ yr
ẏr

)2

+
β4

4
+

1
β5
η2

2

(
∂α1

∂ ẏr
ÿr

)2

+
β5

4

≤ η2
2

(
1
β1

(
∂α1

∂ξ 1
ξ 2

)2

+
1
β2

(
∂α1

∂Q
Q̇
)2

+
1
β3

(
∂α1

∂ Q̇
Q̈
)2

+
1
β4

(
∂α1

∂ yr
ẏr

)2

+

∑5
i=1 βi

4

+
1
β5

(
∂α1

∂ ẏr
ÿr

)2)
(57)

where β i ∈ R+, i = 1, 2, 3, 4, 5. Thus,

η2σ − η2α̇1 ≤ η2
2

(
1
β1

(
∂α1

∂ξ 1
ξ 2

)2

+
1
β2

(
∂α1

∂Q
Q̇
)2

+
1
β3

(
∂α1

∂ Q̇
Q̈
)2

+
1
β4

(
∂α1

∂ yr
ẏr

)2

+
1
β5

(
∂α1

∂ ẏr
ÿr

)2)
+

1
γ
η2

2+
γ σ 2

B

4
+
∑5

i=1 βi

4

≤ η2
2

(
1
β1

(
∂α1

∂ξ 1
ξ 2

)2

+
1
β2

(
∂α1

∂Q
Q̇
)2

+
1
β3

(
∂α1

∂ Q̇
Q̈
)2

+
1
β4

(
∂α1

∂ yr
ẏr

)2

+
1
β5

(
∂α1

∂ ẏr
ÿr

)2

+
1
γ

)
+
γ σ 2

B

4
+
∑5

i=1 βi

4
(58)
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Hence, the dynamic V̇ 2 satisfies

V̇ 2 ≤ η24̂(ξ 1,ξ 2, t)+
γ σ 2

B

4
+
∑5

i=1 βi

4

+ η2
2

(
1
β1

(
∂α1

∂ξ 1
ξ 2

)2

+
1
β2

(
∂α1

∂Q
Q̇
)2

+
1
β3

(
∂α1

∂ Q̇
Q̈
)2

+
1
β4

(
∂α1

∂ yr
ẏr

)2

+
1
β5

(
∂α1

∂ ẏr
ÿr

)2

+
1
γ

)
+η2S̄−1u (59)

Choosing the following Lyapunov function V in Step 2

V = V1 + V2 (60)

Consequently, we obtain from the derivative of V1 in (54)
and V2 dynamic in (59) that

V̇ = V̇ 1 + V̇ 2

≤ −ρ1η
2
1 +

1
ι3
χ2

1η
2
1η

2
2 +

∑3
i=1 ιi

4

+ η24̂(ξ 1,ξ 2, t)+
γ σ 2

B

4
+
∑5

i=1 βi

4

+ η2
2

(
1
β1

(
∂α1

∂ξ 1
ξ 2

)2

+
1
β2

(
∂α1

∂Q
Q̇
)2

+
1
β3

(
∂α1

∂ Q̇
Q̈
)2

+
1
β4

(
∂α1

∂ yr
ẏr

)2

+
1
β5

(
∂α1

∂ ẏr
ÿr

)2

+
1
γ

)
+η2S̄−1u (61)

Substituting the proposed approximation-free actual control
input u in (45) into (51), it holds that

V̇ ≤ −ρ1η
2
1 +

1
ι3
χ2

1η
2
1η

2
2 +

∑3
i=1 ιi

4

+
γ σ 2

B

4
+
∑5

i=1 βi

4
+η24̂(ξ 1,ξ 2, t)

+ η2
2

(
1
β1

(
∂α1

∂ξ 1
ξ 2

)2

+
1
β2

(
∂α1

∂Q
Q̇
)2

+
1
β3

(
∂α1

∂ Q̇
Q̈
)2

+
1
β4

(
∂α1

∂ yr
ẏr

)2

+
1
β5

(
∂α1

∂ ẏr
ÿr

)2

+
1
γ

)
+ η2S̄−1

(
S̄
(

−ρ2η2 − 4̂(ξ 1,ξ 2, t)−
1
ι3
χ2

1η
2
1η

2
2 −

η2

γ

−
η2

β1

(
∂α1

∂ξ 1
ξ 2

)2

−
η2

β2

(
∂α1

∂Q
Q̇
)2

−
η2

β3

(
∂α1

∂ Q̇
Q̈
)2

−
η2

β4

(
∂α1

∂ yr
ẏr

)2

−
η2

β5

(
∂α1

∂ ẏr
ÿr

)2))
(62)

As a result, the following holds

V̇ ≤ −ρ1η
2
1 +

1
ι3
χ2

1η
2
1η

2
2 +

∑3
i=1 ιi

4
+
γ σ 2

B

4
+
∑5

i=1 βi

4

+ η2
2

(
1
β1

(
∂α1

∂ξ 1
ξ 2

)2

+
1
β2

(
∂α1

∂Q
Q̇
)2

+
1
β3

(
∂α1

∂ Q̇
Q̈
)2

+
1
β4

(
∂α1

∂ yr
ẏr

)2

+
1
β5

(
∂α1

∂ ẏr
ÿr

)2

+
1
γ

)
+η24̂(ξ 1,ξ 2, t)

− η24̂(ξ 1,ξ 2, t)− ρ2η
2
2−

1
ι3
χ2

1η
2
1η

2
2 + η2

×

(
−

1
β1

(
∂α1

∂ξ 1
ξ 2

)2

−
1
β2

(
∂α1

∂Q
Q̇
)2

−
1
β3

(
∂α1

∂ Q̇
Q̈
)2

−
1
β4

(
∂α1

∂ yr
ẏr

)2

−
1
β5

(
∂α1

∂ ẏr
ÿr

)2

−
1
γ

)
≤ −ρ1η

2
1−ρ2η

2
2 +

∑3
i=1 ιi

4
+
γ σ 2

B

4
+
∑5

i=1 βi

4
(63)

The dynamic of V in (63) can be rewritten as

V̇ ≤ −GV + E

where G := min{ρ1, ρ2} and E :=

∑3
i=1 ιi
4 + γ σ 2

B
4 +

∑5
i=1 βi

4 .
Therefore, the stability [21] of the closed-loop system is
proved. This concludes that the transformed error signals η1
and η2 in (30) and (38) are bounded, namely,

η1, η2 ∈ L∞, for ∀t ≥ 0

This implies that

−Q(t) < e1 <Q(t) (64)

Next, proof of (64) is provided. If (64) is violated in time
instant tc with tc > 0, namely, e1(tc) ≥Q(tc) or e1(tc) ≤ −

Q(tc). Define H(t) :=
e1(t)
Q(t) , H(tc) ≥ 1 or H(tc) ≤ −1 holds

in this case. According to the fixed point theorem [32]
of continuous functions, there exist a time instant tm with
tm ∈ (0, tc), such that H(tm) = 1 or H(tm) = −1 holds.
Accordingly, from (30) and (31), it concludes that D(tm) = 0
and η1(tm) = ∞. However, by using the proposed control
scheme (41) and (45), η1 ∈ L∞ is proved as detailed above.
Thus, −Q(t) < e1(t) <Q(t) holds for t > 0. Because the
initial error e1(0) is finite, and Q(t) = ∞ when t = 0,
therefore, (64) holds for t = 0. In summary, (64) holds for
t ≥ 0. The proof of Theorem 1 is complete.

By embedding the proposed controller (45), the stability
of the sprung underactuated subsystem, consisting of xs and
ẋ s , is proved and analyzed above. The suspension system (5)
is a fourth-order nonlinear system that is composed of the
sprung subsystem and the unsprung subsystem. The unsprung
internal subsystem, namely the zero dynamics system [7], [16],
consists of xu and ẋu . The stability of the zero dynamics
subsystem [7], [16] has been thoroughly analyzed and proved
in the existing results, and the detailed analysis and stability
proof can be found in [7] and [16].

Remark 1: Unlike [8] which switches circuits according
to operating states for reducing energy consumption, bionic
dynamics do not change the hardware structures of suspension
to achieve energy savings in a simple and effective way.
By embedding transformation functions into the developed
controller, the error signal is bounded and converges to
a neighborhood of 0 after a prespecified time. Moreover,
the time delay information allows us to handle actuator
faults, uncertainties, and disturbances without approximation
mechanisms [33]. Meanwhile, the developed control scheme
also can be applied to other electromechanical systems such
as vehicle longitudinal dynamics [34], one-link manipulators,
ship course changing, pendulum systems, etc.

IV. EXPERIMENTS

The experimental results are provided in this section to
illustrate the effectiveness and benefits accomplished by the
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Fig. 3. AS experimental setup.

Fig. 4. Road inputs.

TABLE I
PARAMETER SETTINGS OF BIONIC REFERENCE DYNAMICS

developed control scheme. The AS experimental apparatus [7]
is shown in Fig. 3. The displacements and acceleration of
the experimental platform are measured with high-precision
encoders and accelerometer. The computer calculates the
control inputs with Quanser according to the real-time
states via data acquisition equipment through analog-to-digital
conversion. The control inputs are transferred to the motor via
digital-to-analog conversion to control the active suspension.

For comparison purposes, the sinusoidal road input (SRI)
and trapezoidal road input (TRI) [25] plotted in Fig. 4 are
used as road excitations to test the controller performance.
Meanwhile, the finite-time estimator-based adaptive controller
(FEAC) [25] is performed to compare with the proposed
control method. The bionic suspension parameter settings with
qn = 4 are shown in Table I. The actuator faults are set as
ζ(t) = 0.76 + 0.05 × sin(t) and ζ b = 0.08. The specific
parameter settings of the corresponding controllers are

• Passive: passive suspension.
• FEAC [25]: The controller parameters are chosen as

k1 = 29.9, k2 = 30.1, λ0 = 2.98, λ1 = 1.51, λ2 = 1.09,
λ3 = 1.49, λ4 = 1.1, L1 = 149.9, L2 = 20.1, η1 = 9.9,
η2 = 9.9. The parameter symbols and controller structure
remain the same as [25].

• Proposed: The constructed controller (45) with L = 2,
ι3 = 1, Qϱ = 5 × 10−3, γ =1, S̄ = 1, β1 = 1, Tζ = 10,
Rs = 1 × 10−3, β2 = 1, β3 = 1, κ = 3 × 103, β4 = 1,

Fig. 5. The time-domain and frequency-domain vibration responses of the
sprung mass under SRI.

Fig. 6. The control inputs and suspension travels under SRI.

ρ1 = 3, β5 = 1, ρ2 = 1 × 103 is used to perform
experiments.

The vertical acceleration responses of the sprung mass m0 at
the time domain and the frequency domain under SRI are
plotted in Fig. 5(a) and (b), respectively. It can be observed
from Fig. 5(a) that the proposed prespecified time control
scheme, compared to the passive suspension and FEAC [25],
can effectively isolate vertical vibration even with time-varying
actuator faults, which implies superior reliability and ride
comfort. Meanwhile, from the frequency domain acceleration
responses in Fig. 5(b), the constructed prespecified time
controller achieves similar ride comfort improvement.

The corresponding control inputs and suspension travels
are illustrated in Fig. 6(a) and (b). By employing the
presented prespecified controller, compared with FEAC [25],
better control performance is obtained with smaller control
magnitude. This means that energy consumption is reduced
significantly.

To further evaluate the performance quantitatively, the root
mean square (RMS) [35] of the sprung vibration acceleration
and the energy consumption C+ [36] are calculated and
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Fig. 7. Quantitative comparative results under SRI.

Fig. 8. The vertical acceleration responses of the sprung mass under TRI.

visualized in Fig. 7. The RMS and energy consumption can
be calculated as below

RMSν =

√
1
A

∫ A

0
νT (t)ν(t)dt (65)

C+(t) =

{
u(t)

(
ẋ s − ẋu

)
, if u(t)

(
ẋ s − ẋu

)
> 0

0, else
(66)

where ν(t) represents the state signal and A is the total
time. xs , xu and u(t) are defined above. C+(t) denotes energy
consumption. Compared to the passive suspension, vehicle
vertical vibration is suppressed significantly (RMSẍ s

is reduced
by over 95%). Moreover, the comfort performance and energy-
saving characteristics compared to FEAC [25] are further
improved (RMSẍ s

is reduced by over 70% and RMSC+
is

reduced by over 40%).
To adequately validate the designed controller, the trape-

zoidal road excitation in Fig. 4 is introduced for further
verification. The selected controller parameters and time-
varying actuator faults settings are the same as in the
SRI test scenario. As shown in Fig. 8(a), the sprung
acceleration time-domain responses still can be suppressed by
the developed prespecified time reliable controller under time-
varying actuator faults. Moreover, the corresponding frequency

Fig. 9. The control inputs and suspension travels under TRI.

Fig. 10. Transient behaviors of the tracking error e1 with SRI and TRI.

Fig. 11. Quantitative comparative results under TRI.

domain responses, both in the low and high-frequency regions,
are reduced considerably as in Fig. 8(b) compared to the
passive suspension and FEAC [25].

The control inputs of FEAC [25] and the developed
controller are provided in Fig. 9(a), while the corresponding
suspension travels are plotted in Fig. 9(b). It is obvious
that both the controller magnitude and the suspension travel
are reduced by using the proposed controller compared to
FEAC [25]. Meanwhile, the transient behaviors of the tracking
error e1 under SRI and TRI are shown in Fig. 10. It can
be observed the tracking error e1 satisfies the designed
performance constraints, namely e1 ∈ (−Q(t),Q(t)), which is
in agreement with the proof and analysis of Theorem 1.
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Similar to SRI, the RMS (65) of sprung acceleration
and energy consumption (66) are calculated quantitatively
and reported in Fig. 11. The RMS reduction in sprung
acceleration for the proposed control method is over 70% and
50% compared with the passive suspension and FEAC [25],
respectively. Moreover, compared to FEAC [25], the energy
consumption of the proposed controller is reduced by about
40%. By employing the developed control scheme, superior
energy saving is achieved while ride comfort is enhanced.

V. CONCLUSION

In this paper, a prespecified time energy-efficient fault-
tolerant controller is presented. By using the elaborately
designed control structure, the suspension states can converge
to a neighborhood of 0 in a prespecified finite time interval,
which is independent of the controller parameters and initial
states. Actuator faults, external disturbances, and uncertainties,
including model uncertainty and parameter uncertainty, can
be handled elegantly by introducing time delay information.
Meanwhile, the vertical vibration and energy consumption of
AS are suppressed significantly. Experimental results under
SRI and TRI demonstrate that the proposed controller can
achieve excellent ride comfort and energy-saving property.
Specifically, the reduction in RMSẍ s

compared to the passive
suspension is more than 70%. Compared to FEAC [25], the
RMSẍ s

is reduced by over 50% while energy consumption
RMSC+

is reduced by approximately 40%.
Future work attempts to further address sensor failures

to improve reliability and focus on achieving prespecified
time zero error stabilization to enhance control performance.
By using visual information, trying to combine the advanced
control method with the motion planning [34] layer of
autonomous vehicles [37], including combining path planning
to bypass uneven road excitation to improve ride comfort,
and employing speed planning to optimize the multi-objective
performance, is also an interesting topic.
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